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PART B 

rð¼køk-A

1.	

«« zk.çkk.	 = cos–1
5
4  + cos–1

13
12

		  cos–1
5
4  = α  ,   cos–1

13
12  = β

	 ∴	 cos α = 5
4    ,   cos β = 13

12

		   

3

4
α

5
5

12
β

13

	 ∴	 sin α = 5
3      ,     sin β = 13

5

	 ynª,	 cos (α + β)	 = cos α cos β – sin α sin β

	 	 	 = 5
4

13
12

#b l  – 5
3

13
5

#c m

			   = 65
48  – 65

15

		  cos (α + β)	 = 65
33

	 ∴	      α + β	 = cos–1
65
33c m

	 ∴	 cos–1 
5
4  + cos–1 13

12  = cos–1
65
33

2.	

«« 	zk.çkk.	 = sin–1(2x x1 2− )

	 Äkhku fu, x = sin θ ÷uíkkt,

	 ∴ θ	 = sin–1x, θ ∈ ,2 2
π π−; E

			  = sin–1(2 sin θ sin1 2θ − )
			  = sin–1(2 sin θ cos θ)
			  = sin–1(sin 2θ)

	 ynª, – 
2
1  < x < 

2
1

	 ∴ – sin 4
π  < sin θ < sin 4

π 

	 ∴ sin 4
π −b l  < sin θ < sin 4

π 

	 ∴ –  4
π  < θ < 4

π 

	 ∴ –  2
π  < 2θ < 2

π 

	 ∴ 2θ ∈ ,2 2
π π−; E 	 ....... (1)

	 ∴ sin–1(sin 2θ)	 = 2θ ( Ãkrhýk{ (1) ÃkhÚke)
				   = 2 sin–1x
				   = s.çkk.

3.	

«« Äkhku fu,	 u = xy yLku v = yx

	 ∴ u + v = 1
	 nðu, çktLku çkksw x «íÞu rðf÷Lk fhíkkt,

	 dx
du

dx
dv+  = 0	 ...... (1)

	 ynª, u = xy Lke
	 çktLku çkksw log ÷uíkkt,
	 log u = ylogx
	 nðu, çktLku çkksw x «íÞu rðf÷Lk fhíkkt,

		 	 dx
du

u
1 	 = y dx

d  logx + log x dx
d  y



	 ∴	 dx
du

u
1 	 = . logy x x dx

dy1 +

	 ∴	 dx
du 	 = logu x

y
x dx
dy

+< F

		 		  = x x
y
logx dx

dyy +< F

	 ∴	 dx
du 	 = xy–1 y + xy log dx

dy
    ...... (2)

	 nðu, v = yx Lke
	 çktLku çkksw log ÷uíkkt,
	 log v = xlogy
	 nðu, çktLku çkksw x «íÞu rðf÷Lk fhíkkt,

		 	 v dx
dv1 	= x dx

d logy logy dx
d x+

	 ∴	 v dx
dv1 	= .x y dx

dy
log y1 +

	 ∴	 dx
dv 	 = v y

x
dx
dy

log y+< F

				   = y y
x
dx
dy

log yx +< F     ...... (3)

	 Ãkrhýk{ (1) {kt Ãkrhýk{ (2) yLku (3) Lke ®f{ík {qfíkkt,

	 xy–1 y + xy logx dx
dy

 + yx–1 x dx
dy

 + yx logy = 0

	 dx
dy

 [xy logx + yx–1 x] = – yx logy – xy–1 y

	 dx
dy

 = 
[ ]

[ ]log
x logx y x
y y x y
y x

x y

1

1

−
+

+
−

−

4.	

«« 			 I	 = 
x x
dx

8 3 2+ −
#

				   = 
x x
dx
3 82− − −^ h#

				   = 
x x

dx

2 2
3

4
9

4
9 82− − + − −c b l m

#

				   = 
x

dx

2
3

4
412

− − −db l n
#

				   = 

x

dx

2
41

2
32 2

− −d bn l
#

				   = sin–1 
x

2
41
2
3−

J

L

KKKKKKKKK

N

P

OOOOOOOOO
 + c

	 ∴	 I	 = sin–1 
x
41

2 3−e o  + c

5.	

«« 9x2 + 16y2 = 144

	 ∴	 x
144
9 2

 + 
y

144
16 2

 = 1

		  x y
16 9
2 2

+  = 1

		 a2 = 16, a = 4 (a > b)
	 b2 = 9, b = 3

X' X

Y

Y'

(0,  3)

(0,  –3)

x  =  0

(–4,  0) (4,  0)

x  =  4

(0,  –3)

dx(0,  0)

(0,  b)

	 ykð]¥k «ËuþLkwt ûkuºkV¤ :
	 A = 4 × «Úk{ «Ëuþ 
	 ðzu ykð]¥k ûkuºkV¤
		 ∴ A = 4| I |

		 I	 = y
0

4

#  dx

		 I	 = x dx4
3 16 2

0

4

−#

		 I	 = 4
3   x dx16 2

0

4

−#

		 I	 = 4
3   sinx x x

2 16 2
16

4
2 1

0

4
− + − c m; E

		 I	 = 4
3   sin sin2

4 0 8 1 0 01 1+ − +− −b ] ] _ ]g gl gi; E

		 I	 = 4
3 8 2·

π b l
		 I	 = 3π

		 nðu,	 A	 = 4| I | 
				   = 4|3π|
	 	∴	 A	 = 12π [kuhMk yuf{

6.	

«« ykf]rík{kt ËþkoÔÞk «{kýu hu¾k y = 3x + 2, 

	 X-yûkLku ,3
2 0−c m{kt AuËu Au yLku yk

	 yk÷u¾ x ∈ ,1 3
2− −c m  {kxu X-yûkLke Lke[u Au yLku 

	 x y
16 9 1
2 2

+ =

∴	 y2 = 9 x1 16
2

−d n

∴	 y2 = 16
9  (16 – x2)

∴	 y2 = 4
3 x16 2−



	 yk÷u¾ x ∈ ,3
2 1−c m  {kxu X-yûkLke WÃkh Au.

Y

x = 1

x = –1 O E
C

B

D

X' X

Y'

,A 03
2−` j

y = 3x + 2

	 {ktøku÷ ûkuºkV¤ 
	 = «Ëuþ ACBALkwt ûkuºkV¤ + «Ëuþ ADEALkwt ûkuºkV¤

	 = ( ) ( )x dx x dx3 2 3 2
1

13
2

3
2

+

−
+ +

− −

# #

	 = x x x x
2
3 2 2

3 22

1

2
1

3
2

3
2+ + +

−

−

−b bl l

	 = 2
3
9
4

3
4

2
3 1 2 1– – –+c b b ] ]l m g gl  + 2

3 1 2 1+b ] ]g gl  

� – 2
3
9
4 2 3

2–+c b bl lm

	 = 3
2

3
4

2
3 2– – +  + 2

3  + 2 – 3
2  + 3

4

	 = 3
2

2
3 2– – +  + 2

3  + 2 + 3
2

	 = 6
4 9 12– – +  + 6

9 12 4+ +

	 = 6
1  + 6

25

	 = 6
26

	 = 3
13  [kuhMk yuf{

7.	

«« sec2x · tan y dx + sec2y tan x dy = 0

	 ∴ sec2x tan y dx = – sec2y tan x dy

	 ∴ tan
sec

y
y2

 dy = tan
sec
x
x2−

 dx

	 → çktLku çkksw Mktf÷Lk fhíkkt,

			  tan
sec

y
y2

# dy	 = – tan
sec

x
x2

# dx

	 ∴ tan

tan

y
dy
d y^ h
#  dy	 = – tan

tan
x

dx
d x] g
#  dx

	 ∴ 	 log | tan y |	 = – log | tan x | + log | c |

	 ∴ 	 log | tan y |	 = log tan x
c

	 ∴ 	 tan y	 = tan x
c

	 ∴	 tan x · tan y	 = c;

	 su ykÃku÷ rðf÷ Mk{efhýLkku ÔÞkÃkf Wfu÷ Au.

8.	

«« ynª,

	 AB 	= (1 – 2) it  + (–3 + 1) jt  + (–5 – 1) kt

		  = – it  – 2 jt  – 6 kt

	 AB 	= 1 4 36+ +  = 41

	 BC 	= (3 – 1) it  + (–4 + 3) jt  + (–4 + 5) kt

		  = 2 it  – jt  + kt

	 BC 	= 4 1 1+ +  = 6

	 yLku

	 CA 	= (2 – 3) it  + (–1 + 4) jt  + (1 + 4) kt

		  = – it  + 3 jt  + 5 kt

	 CA 	= 1 9 25+ +  = 35

	 WÃkhktík, swyku fu,

	 AB 2 	 = 41
			  = 6 + 35

			  = BC CA2 2+

	 íkuÚke, rºkfkuý ABC yu fkxfkuý rºkfkuý Au.

9.	

«« hu¾k L1 : 
x
3
8−  = 

y
16
19

−
+

 = z
7
10−

	 r  = (8 it  – 19 jt  + 10 kt ) + λ(3 it  – 16 jt  + 7 kt )
	 hu¾kLke rËþk b1  = 3 it  – 16 jt  + 7 kt

	 hu¾k L2 : 
x
3
15−

 = 
y
8
29−

 = z
5
5

−
−

	 r2  = (15 it  + 29 jt  + 5 kt ) + λ(3 it  + 8 jt  – 5 kt )
	 hu¾kLke rËþk b2  = 3 it  + 8 jt  – 5 kt

	 b1  × b2 	 = 
i j k
3
3

16
8

7
5

−
−

t t t

		  = 24 it  + 36 jt  + 72 kt

		  = 12(2 it  + 3 jt  + 6 kt )
	 ∴	 {ktøku÷ hu¾kLke rËþk b  = 2 it  + 3 jt  + 6 kt

		  hu¾k ÃkhLkwt ®çkËw A( a ) = it  + 2 jt  – 4 kt

	 hu¾kLkwt fkíkuorÍÞ Mk{efhý :

	 l
x x

1

1
−

 = l
y y

2

1
−

 = l
z z

3

1
−

	 x
2
1−  = 

y
3
2−

 = z
6
4+



10.	

«« ykÃkýe ÃkkMku
	 a  = 5 it  + 2 jt  – 4 kt  yLku b  = 3 it  – 2 jt  + 8 kt  Au.
	 nðu, hu¾kLkwt MkrËþ Mk{efhý
	 r  = 5 it  + 2 jt  – 4 kt  + λ(3 it  – 2 jt  + 8 kt ) Úkþu.
	 nðu, hu¾k ÃkhLkk ®çkËw P(x, y, z) Lkku MÚkkLkMkrËþ r  Au.

	 íkuÚke,	 x it  + y jt  + z kt  

				   = 5 it  + 2 jt  – 4 kt  + λ(3 it  + 2 jt  – 8 kt )

				   = (5 + 3λ) it  + (2 + 2λ) jt  + (– 4 – 8λ) kt

	 λLkku ÷kuÃk fhíkkt, ykÃkýLku Úkþu.

	 x
3
5−  = 

y
2

2−
 = z

8
4

−
+

 {¤u.

		 yk fkíkuorÍÞ MðYÃk{kt hu¾kLkwt Mk{efhý Au.

11.	

«« P(E) = 0.6
		 P(F) = 0.3
		 P(E ∩ F) = 0.2

	 P(E | F)	 = P F
P E F+]
] g
g

 

		  = .
.
0 3
0 2

		  = 3
2

	 P(F | E)	 = P E
P E F+]
] g
g

		  = .
.
0 6
0 2

		  = 3
1

12.	

«« òu «ÞkuøkLke ík{k{ 36 «kÚkr{f ½xLkkyku Mk{Mkt¼kðe Au 
yuðwt Äkhe ÷Eyu, íkku

		 P(A) = 36
18

2
1=  yLku 

	 P(B) = 36
18

2
1=

		 ð¤e, P(A ∩ B) = P 
(çktLku ð¾ík VUfíkk yÞwø{ MktÏÞk {¤u.)

				    = 36
9

				   = 4
1

		 nðu, P(A) · P(B)	 = 2
1

2
1
#  

				   = 4
1

		 MÃkü Au fu P(A ∩ B) = P(A) · P(B)
		 yk{, A yLku B rLkhÃkuûk ½xLkkyku Au.

rð¼køk-B

13.	

«« ynª R Ãkh ÔÞkÏÞkrÞík MktçktÄ 
	 S = {(a, b) : a ≤ b3}

	 a = 2
1  {kxu ,2

1
2
1b l  ∉ S 2

1
8
1

a #b l

	 ∴	 ,2
1

2
1b l  ∉ S   ∴ S yu Mððk[f LkÚke.

	 Äkhku fu, (1, 5) ∈ S
	 íkku (5, 1) ∉ S	 5 1a %^ h
	 ∴	 S yu Mktr{ík LkÚke.
	 Äkhku fu, (a, b) ∈ S íkÚkk (b, c) ∈ S
	 ∴	 a ≤ b3 íkÚkk b ≤ c3

	 ∴	 b3 ≤ c9 
	 yk{, a ≤ b3 ≤ c9

	 ∴	 a ≤ c9

	 ∴	 (a, c) ∉ S
	 ∴	 S yu ÃkhtÃkrhík LkÚke.
	 yk{, MktçktÄ S yu Mððk[f LkÚke, Mktr{ík LkÚke fu ÃkhtÃkrhík 

LkÚke.

14.	

«« A2	 = A . A

			  = 
1
0
2

0
2
0

2
1
3

1
0
2

0
2
0

2
1
3

R

T

SSSSSSSS

R

T

SSSSSSSS

V

X

WWWWWWWW

V

X

WWWWWWWW

			  = 
1 0 4
0 0 2
2 0 6

0 0 0
0 4 0
0 0 0

2 0 6
0 2 3
4 0 9

+ +
+ +
+ +

+ +
+ +
+ +

+ +
+ +
+ +

R

T

SSSSSSSS

V

X

WWWWWWWW
 = 

5
2
8

0
4
0

8
5
13

R

T

SSSSSSSS

V

X

WWWWWWWW

	 A3	 = A2 . A

			  = 
5
2
8

0
4
0

8
5
13

1
0
2

0
2
0

2
1
3

R

T

SSSSSSSS

R

T

SSSSSSSS

V

X

WWWWWWWW

V

X

WWWWWWWW

			  = 
5 0 16
2 0 10
8 0 26

0 0 0
0 8 0
0 0 0

10 0 24
4 4 15
16 0 39

+ +
+ +
+ +

+ +
+ +
+ +

+ +
+ +
+ +

R

T

SSSSSSSS

V

X

WWWWWWWW

			  = 
21
12
34

0
8
0

34
23
55

R

T

SSSSSSSS

V

X

WWWWWWWW

	 nðu, zk.çkk. = A3 – 6A2 + 7A + 2I

		 = 
21
12
34

0
8
0

34
23
55

6
5
2
8

0
4
0

8
5
13

7
1
0
2

0
2
0

2
1
3

2
1
0
0

0
1
0

0
0
1

− + +

R

T

SSSSSSSS

R

T

SSSSSSSS

R

T

SSSSSSSS

R

T

SSSSSSSS

V

X

WWWWWWWW

V

X

WWWWWWWW

V

X

WWWWWWWW

V

X

WWWWWWWW

		 = 
21
12
34

0
8
0

34
23
55

30
12
48

0
24
0

48
30
78

7
0
14

0
14
0

14
7
21

2
0
0

0
2
0

0
0
2

+
−
−
−

−
−
−
−

+ +

R

T

SSSSSSSS

R

T

SSSSSSSS

R

T

SSSSSSSS

R

T

SSSSSSSS

V

X

WWWWWWWW

V

X

WWWWWWWW

V

X

WWWWWWWW

V

X

WWWWWWWW



		 = 
21 30 7 2
12 12 0 0
34 48 14 0

0 0 0 0
8 24 14 2
0 0 0 0

34 48 14 0
23 30 7 0
55 78 21 2

− + +
− + +
− + +

+ + +
− + +

+ + +

− + +
− + +

− + +

R

T

SSSSSSSS

V

X

WWWWWWWW

		 = 
0
0
0

0
0
0

0
0
0

R

T

SSSSSSSS

V

X

WWWWWWWW
 = O = s.çkk.

15.	

«« ∆ = 
x
y
z

yz
zx
xy

1
1
1

	 yz Lkku MknyðÞð	 A13	 = (–1)4 
y
z

1
1

			   = (1) (z – y)
			   = (z – y)

	 zx Lkku MknyðÞð	 A23	 = (–1)5 
x
z

1
1

			   = (–1) (z – x)
		      	 = x – z

	 xy Lkku MknyðÞð	 A33	 = (–1)6 
x
y

1
1

			   = (1) (y – x)
		      	 = y – x
	 ∆	 = a13A13 + a23A23 + a33A33

		  = (yz)(z – y) + (zx)(x – z) + (xy)(y – x)

		  = yz2 – y2z + zx2 – z2x + xy2 – x2y

		  = z (x2 – y2) + z2 (y – x) + xy (y – x)

		  = z [(x – y) (x + y)] + z2 (y – x) + xy (y – x)

		  = (y – x) (– z (x + y) + z2 + xy)

		  = (y – x) (–zx – yz + z2 + xy)

		  = (y – x) (z(z – x) – y(z – x))

		  = (y – x) (z – x) (z – y)

		  = (x – y) (y – z) (z – x)

16.	

«« y = (tan–1 x)2 Lkwt
	 çktLku çkksw x «íÞu rðf÷Lk fhíkkt,

	 dx
dy

 = 2tan–1 x . 
1

1
x2+

		 ∴ y1 = 
1
tan
x
x2
2

1

+

−

	 ∴ (1 + x2) y1 = 2tan–1x
	 nðu, çktLku çkksw x «íÞu ÃkwLk: rðf÷Lk fhíkkt,

		 ∴ (1 + x2) y2 + y1 
. 2x = 

( )
2

x1 2+

		 ∴ (1 + x2)2 y2 + 2x(1 + x2) y1 = 2

17.	

«« 		 f (x)	 = 2x3 – 24x + 107
	 ∴	 f  ‘(x)	 = 6x2 – 24
	 →	 f  Lkk {n¥k{ yLku LÞqLkík{ {qÕÞ {kxu,
				   f  ‘(x)	 = 0
	 ∴		  6x2 – 24	 = 0
	 ∴		  6x2	 = 24
	 ∴		  x2	 = 4
	 ∴		  x	 = ± 2
	 ∴		  x	 = 2 ∈ (1, 3) yLku x = –2 ∈ (–3, –1)
	 		 f (2)	 = 2(2)3 – 24(2) + 107
				   = 16 – 48 + 107
				   = 75
	 →	 a = 1, b = 3
			  f (a)	 = f (1)
				   = 2(1)3 – 24(1) + 107
				   = 2 – 24 + 107
				   = 85
			  f (b)	 = f (3)
				   = 2(3)3 – 24(3) + 107
				   = 54 – 72 + 107 = 89
	 ðirïf {n¥k{	 = max { 85, 89, 75} 
						     = 89
	 →	 –2 ∈ (–3, –1) nkuðkÚke,
			  f (–2)	= 2(–2)3 – 24(–2) + 107
				   = 139
		 →	òu a = –3, b = –1
			  f (a)	 = f (–3)
				   = 2(–3)3 – 24(–3) + 107
				   = –54 + 72 + 107 
				   = 125
			  f (b)	 = f (–1)
				   = 2(–1)3 – 24(–1) + 107
				   = –2 + 24 + 107 
				   = 129
	 ðirïf {n¥k{	 = max {139, 125, 129}
					    = 139

18.	

«« 	 a 	 = 2 it  + 4 jt  – 5 kt

		  b 	 = λ it  + 2 jt  + 3 kt

	 ∴ a  + b 	 = (2 + λ) it  + 6 jt  – 2 kt

	 nðu, | a + b |	 = 2 36 42λ + + +^ h
			  = 4 4 402λ λ+ + +

			  = 4 442λ λ+ +

	 a  yLku b  Lkk Mkhðk¤kLke rËþk{kt yuf{ MkrËþ

			   = 
a b
a b

+
+

			   = 
i j k

4 44

2 6 2
2λ λ

λ

+ +

+ + −t t t^ h



	 nðu, 
i j k

4 44

2 6 2
2λ λ

λ

+ +

+ + −t t t^ h
 Lkku it  + jt  + kt  MkkÚku 

	 yrËþ økwýkfkh 1 Au.

	 ∴	
i j k

4 44

2 6 2
2λ λ

λ

+ +

+ + −t t t
f ] g p  · ( it  + jt  + kt ) = 1

	 ∴	
4 44
1

2λ λ+ +
e o  (2 + λ + 6 – 2) = 1

	 ∴	 (λ + 6) = 4 442λ λ+ +

	 ∴	 (λ + 6)2 = λ2 + 4λ + 44

	 ∴	 λ2 + 12λ + 36 = λ2 + 4λ + 44

	 ∴	 8λ = 8

	 ∴	 λ = 1

19.	

««
x y z
7
1

6
1

1
1+ = −

+
= +

	 L	 : r  = (– it  – jt  – kt ) + λ(7 it  – 6 jt  + kt )

	 íkÚkk x
y z

1
3

2
5

1
7− = −

−
= −

	 M	 :	 r 	 = (3 it  + 5 jt  + 7 kt ) + µ( it  – 2 jt  + kt )

			   a1 	 = – it  – jt  – kt ;

			   b1 	 = 7 it  – 6 jt  + kt

	 íkÚkk	 a2 	 = 3 it  + 5 jt  + 7 kt ;

			   b2 	 = it  – 2 jt  + kt

	 nðu,	 b1 × b2 	 = 
i j k
7
1

6
2
1
1

−
−

t t t

		  b1 × b2 	 = –4 it  – 6 jt  – 8 kt

			   ≠ 0

	 ∴ hu¾kyku AuËf yÚkðk rð»k{ík÷eÞ Au.

	 nðu,	 | b1 × b2 |	 = 16 36 64+ +

				   = 116

				   = 2 29

			  a2 – a1 	 = 4 it  + 6 jt  + 8 kt

	 ∴	 ( a2 – a1 ) · ( b1 × b2 )

 			  = (4 it  + 6 jt  + 8 kt ) · (–4 it  – 6 jt  – 8 kt )
			  = –16 – 36 – 64

			  = –116

			  ≠ 0

	 ∴	 hu¾kyku rð»k{ík÷eÞ Au.

	 çku hu¾kyku ðå[uLkwt ÷½wík{ ytíkh,

			   = 
·

b b

a a b b

1 2

2 1 1 2

#

#−_ _i i

			   = 
116
116−

			   = 116

			   = 4 29#

			   = 2 29  yuf{

20.	

«« x + 2y < 8
	 3x + 2y < 12
	 x > 0
	 y > 0

	 nuíkw÷ûke rðÄuÞ Z = –3x + 4y

	 x + 2y = 8 ... (i)	 3x + 2y = 12 ... (ii)

	

x 0 8
y 4 0 	  

x 0 4
y 6 0

	 (i) yLku (ii)Lkku Wfu÷,

		  ∴ 8 – x = 12 – 3x		  2 + 2y = 8

		  ∴ 2x = 4		  2y = 6

		  ∴ x = 2	 ∴	 y = 3

					     (2, 3)

					     (0, 0)

1

2

3

4

5

6

7

8

1 2 3 4 5 6 7 8(0, 0)

(0, 6)

(2, 3)

(4, 0)

(8, 0)

x 
+ 

2y
 =

 8
3x

 +
 2

y 
= 

12

9

(0, 4)

Y

X

ykf]rík{kt ykÃku÷ yMk{íkkykuLkku yk÷u¾ ËþkoÔÞku Au su 

rMkr{ík Au. þõÞ Wfu÷«ËuþLkkt rþhku®çkËwyku (0, 0), (4,  0) 

yLku (0, 4) {¤u.



þõÞ Wfu÷ «ËuþLkk 
rþhku®çkËw

Z = –3x + 4y

(0, 4) Z = 16

(4, 0) Z = –12 ← LÞqLkík{

(2, 3) Z = 6

(0, 0) Z = 0

	 yk{, ®çkËw (4, 0) ykøk¤ LÞqLkík{ {qÕÞ –12 {¤u yLku 

®çkËw (0, 4) ykøk¤ {n¥k{ {qÕÞ 16 {¤u.

21.	

«« ½xLkkyku B1, B2, B3 Lke[u «{kýu ÷ku :

	 B1 : çkkuÕxLkwt WíÃkkËLk Þtºk A îkhk ÚkÞwt Au.

	 B2 : çkkuÕxLkwt WíÃkkËLk Þtºk B îkhk ÚkÞwt Au.

	 B3 : çkkuÕxLkwt WíÃkkËLk Þtºk C îkhk ÚkÞwt Au.

MÃk»x Au fu, B1, B2, B3 ÃkhMÃkh rLkðkhf yLku rLk:þu»k 

½xLkkyku Au yLku íkuÚke íkuyku rLkËþkoðfkþLkwt rð¼ksLk 

Ëþkoðu Au. ½xLkk E ‘çkkuÕx ¾k{eÞwõík Au’ íku ÷ku.

½xLkk E, B1Lke MkkÚku yÚkðk B2Lke MkkÚku yÚkðk B3Lke MkkÚku 

WËT¼ðu Au.

ykÃku÷ Au	 P(B1) = 25% = 0.25, 

		  P(B2) = 0.35 yLku 
		  P(B3) = 0.40

	 VheÚke ¾k{eÞwõík çkkuÕx fkZðk{kt ykÔÞku Au. ykÃku÷ Au fu íku 

Þtºk A ðzu WíÃkkrËík ÚkÞku nkuÞ, íkku íku ½xLkkLke Mkt¼kðLkk 

	 P(E | B1) = 5% = 0.05

yk s «{kýu P(E | B2) = 0.04, P(E | B3) = 0.02

íkuÚke, çkuÞTÍLkk «{uÞ îkhk,

P(B2 | E)	 = 
.

( ) ( | ) ( ) ( | ) ( ) ( | )
( ) ( | )

P B P E B P B P E B P B P E B
P B P E B

1 1 2 2 3 3

2 2
+ +

		  = . . . . . .
. .

0 25 0 05 0 35 0 04 0 40 0 02
0 35 0 04

# # #
#

+ +

		  = .
.
0 0345
0 0140

		  = 69
28

rð¼køk-C

22.	

«« [x  –5  –1] 
x1

0
2

0
2
0

2
1
3

4
1

R

T

SSSSSSSS

R

T

SSSSSSSS

V

X

WWWWWWWW

V

X

WWWWWWWW
 = O

	 \	 [x + 0 – 2  0 – 10 + 0   2x – 5 – 3] 
x
4
1

R

T

SSSSSSSS

V

X

WWWWWWWW
 = O

	 \	 [x – 2   – 10   2x – 8]  
x
4
1

R

T

SSSSSSSS

V

X

WWWWWWWW
 = O

	 \	 [x(x – 2) + (–10)(4) + (2x – 8) (1)] = O
	 \	 [x2 – 2x – 40 + 2x – 8] = O
	 \	 [x2 – 48] = [0]
	 \	 x2 – 48 = 0
	 \	 x2 = 48

		 \	 x	 = 48!  = 4 3!

23.	 x
1  + y

1  + z
1  = 6,

	 y
1  + z

3  = 11,

	 x
1  – y

2  + z
1  = 0

«« ykÃku÷ Mk{efhýLku ©urýf MðYÃku Ëþkoðíkkt,

	
1
0
1

1
1
2

1
3
1−

R

T

SSSSSSSS

V

X

WWWWWWWW
 
x

y

z

1

1

1

R

T

SSSSSSSSSS

V

X

WWWWWWWWWW

 = 
6
11
0

R

T

SSSSSSSS

V

X

WWWWWWWW

	 ∴	 A = 
1
0
1

1
1
2

1
3
1−

R

T

SSSSSSSS

V

X

WWWWWWWW
, X = 

x

y

z

1

1

1

R

T

SSSSSSSSSS

V

X

WWWWWWWWWW

, B = 
6
11
0

R

T

SSSSSSSS

V

X

WWWWWWWW

		  | A |	 = 
1
0
1

1
1
2

1
3
1−

R

T

SSSSSSSS

V

X

WWWWWWWW
			   = 1(1 + 6) – 1(0 – 3) + 1(0 – 1)
			   = 7 + 3 – 1
			   = 9 ≠ 0
	 ∴	 A–1 Lkwt yÂMíkíð Au.

			   adj A	 = 
7
3
1

3
0
3

2
3
1−

−
−

R

T

SSSSSSSS

V

X

WWWWWWWW

	 ∴	 A–1	 = A
1  adj A

				    = 9
1

7
3
1

3
0
3

2
3
1−

−
−

R

T

SSSSSSSS

V

X

WWWWWWWW
	 ∴	 AX	 = B
	 ∴	 A–1 AX	 = A–1 B
	 ∴	 IX	 = A–1 B
	 ∴	 X	 = A–1 B

				    = 9
1

7
3
1

3
0
3

2
3
1−

−
−

R

T

SSSSSSSS

V

X

WWWWWWWW
 
6
11
0

R

T

SSSSSSSS

V

X

WWWWWWWW

				    = 9
1
42
18
6

33
0
33

0
0
0−

−
+

+

+
−
+

R

T

SSSSSSSS

V

X

WWWWWWWW

				    = 9
1

9
18
27

R

T

SSSSSSSS

V

X

WWWWWWWW



			 
x

y

z

1

1

1

R

T

SSSSSSSSSS

V

X

WWWWWWWWWW

	 = 
1
2
3

R

T

SSSSSSSS

V

X

WWWWWWWW

	 ∴	 Wfu÷ : x
1  = 1, y

1  = 2, z
1  = 3

			   ∴ x = 1, y = z
1 , z = 3

1

24.	

«« x = a(cost + tsint)

	 ∴ dt
dx  = a(– sint + tcost + sint)

	 ∴ dt
dx  = atcost

	 nðu, y = a(sint – tcost)

	 ∴ dt
dy

 = a[cost + tsint – cost]

	 ∴ dt
dy

 = atsint

	 ∴ cos
sin

dx
dy

at t
at t

dt
dx
dt
dy

= =  = tant

	 nðu, çktLku çkksw x «íÞu ÃkwLk: rðf÷Lk fhíkkt,

	
dx
d y

2

2

	 = dt
d
dx
dy

dx
dt
$d n  = tandt

d t dx
dt
$] g

	
dx
d y

2

2

	 = sec2t dx
dt  = cos

sec
at t

t2

		
dx
d y

2

2

	 = secat
t3

; 0 < t < 2
π 

25.	

r

h l
α

«« Äkhku fu þtfwLke ÃkkÞkLke rºkßÞk r, Ÿ[kE h yLku 

	 ríkÞof Ÿ[kE l Au.

	 ∴	 l2 = h2 + r2	 ............ (1)

	 þtfwLkku yÄorþh: fkuý α Äkhku.

	 ∴	 tan α	 = h
r

	 ∴	     α	 = tan–1 h
rc m

	 →	 	þtfwLkwt ½LkV¤ V	 = 3
1  πr2h

				    = 3
1  π(l2 – h2)h ( Ãkrhýk{ (1))

	 ∴		  f (h)	 = 3
π  (l2h – h3)

			   f  ‘(h)	 = 3
π  (l2 – 3h2)

	 ∴		  f  ‘’(h)	 = 3
π  (– 6h)

	 ∴		  f  ‘’(h)	 = –2πh < 0

	 ∴	 f  Lku {n¥k{ {qÕÞ {¤u.

	 →	 nðu, þtfwLkwt {n¥k{ ½LkV¤ {u¤ððk {kxu,

		  f  ‘(h)	 = 0

	 ∴ 		 3
π (l2 – 3h2)	 = 0

	 ∴ 		 l2 – 3h2	 = 0
	 ∴ 		 h2 + r2 – 3h2	 = 0
	 ∴ 		 r2 – 2h2	 = 0
	 ∴ 		 r2	 = 2h2

	 ∴ 		 r	 = 2 h

	 ∴ 		 h
r 	 = 2

	 ∴ yÄorþh: fkuý	 = tan–1
h
rc m  

				   = tan–1( 2 )

26.	

«« I	 = log tan x dx1
0

4

+

π 

] g# 	 ... (1)

	 	økwýÄ{o (6) {wsçk, x = 4
π  – x

	 I	 = log tan x dx1 4
0

4
π + −

π 

c b lm#

			  = 
·

log
tan tan

tan tan
x
x

dx1
1 4

4

0

4

+
+

−
π

π
π 

> H#

			  = log tan
tan

x
x dx1 1

1

0

4

+ +
−

π 

c m#

	 I	 = log tan
tan tan

x
x x dx1

1 1

0

4

+
+ + −

π 

c m#

			  = log tan x dx1
2

0

4

+

π 

b l#

			  = 
0

4
π 

# (log(2) – log(1 + tan x)) dx

	 I	 = log 2
0

4
π 

# 1 dx – 
0

4
π 

# log(1 + tan x) dx



	 I	 = log 2 x 0
4
π 

5 ?  – I      ( Ãkrhýk{ (1) ÃkhÚke)

	 2I	 = log 2 4 0π −c m

	 ∴ I = 8
π  log 2

27.	

«« ykÃkýu rðf÷ Mk{efhý Lke[u «{kýu ÷¾e þfeyu  :

				   dy
dx 	 = 

y e

x e y

2

2

y
x

y
x

−]

]

g

g
� ... (1)

	 Äkhku fu,

				   F(x, y)	 = 
y e

x e y

2

2

y
x

y
x

−]

]

g

g

	 ∴		 F(λx, λy)	 = 

y e

x e y

2

2

y
x

y
x
−b

b
]

]

g

g l

l

					    = λ0 F(x, y)
	 yk{, F(x, y) yu þqLÞ ½kíkðk¤wt Mk{Ãkrh{kýeÞ rðÄuÞ 

Au. {kxu ykÃku÷ rðf÷ Mk{efhý yu Mk{Ãkrh{ký rðf÷ 
Mk{efhý Au. íkuLkku Wfu÷ þkuÄðk {kxu ykÃkýu

		 x = vy ÷Eyu.
	 Mk{efhý (2) Lkwt ‘y’ Lke MkkÃkuûku rðf÷Lk fhíkkt,

	 dy
dx  = v + y  dy

dv

	 x yLku dy
dx  Lke ®f{ík Mk{efhý (1) {kt {qfíkkt,

				  v + y  dy
dv 	 = e

ve
2

2 1
v

v −

	 ∴		  y  dy
dv 	 = e

ve
2

2 1
v

v −
 – v

	 ∴		  y  dy
dv 	 = –  e2

1
v

	 ∴		  2ev dv	 = –  y
dy

	 ∴		  # 2ev dv	 = –  # y
dy

	 ∴		  2ev	 = – log |y| + c

		 v = y
x  {qfíkkt,

	 2 e y
x

] g  + log | y | + c� ... (3)

	 Mk{efhý (3) {kt x = 0 yLku y = 1 {qfíkkt,

		 2e0 + log |1| = c ⇒ c = 2

	 c Lke ®f{ík Mk{efhý (3) {kt {qfíkkt,

	 2 e y
x

] g  + log | y | = 2

	 yk rðf÷ Mk{efhýLkku sYhe rðrþ»x Wfu÷ Au.


